
________________ 

*Corresponding author 

E-mail address: apj_jmc@yahoo.co.in   

Received January 30, 2021 

3594 

 

     Available online at http://scik.org 

     J. Math. Comput. Sci. 11 (2021), No. 3, 3594-3601 

https://doi.org/10.28919/jmcs/5495 

ISSN: 1927-5307 

 

 

SOME PROPERTIES OF WEAK FUZZY GRAPHS 

A. PRASANNA*, T.M. NISHAD 

PG and Research Department of Mathematics, Jamal Mohamed College (Autonomous), 

(Affiliated to Bharathidasan University), Tiruchirappalli-620020, Tamilnadu, India 

Copyright © 2021 the author(s). This is an open access article distributed under the Creative Commons Attribution License,which permits 

unrestricted use, distribution, and reproduction in any medium, provided the original work is properly cited. 

Abstract: In this article “weak fuzzy graph” is introduced. It is proved that the set of weak fuzzy graphs is closed 

under union and 𝜇 −complementation. Some properties of weak fuzzy graphs and the outputs of actions of 

complements on weak fuzzy graphs are also discovered. 
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1. INTRODUCTION 

L A Zadeh in 1965[1] introduced fuzzy sets to describe the vagueness phenomena in real world 

problems. In 1975[2], fuzzy graph is introduced by Azriel Rosenfeld. The complement of a fuzzy 

graph is introduced by J N Mordeson in 1994. Sunitha M S and Vijayakumar A modified the 

complement in 2002[3]. A Nagoor Gani and Chandrasekaran introduced 𝜇 −complement of a 

fuzzy graph in 2006[4]. In this article “weak fuzzy graph” is introduced. It is proved that the set 

of weak fuzzy graphs is closed under union and 𝜇 −complementation. Some properties of weak 
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fuzzy graphs and the outputs of actions of complements on weak fuzzy graphs is also discovered. 

 

2. PRELIMINARIES 

A mapping 𝑚 ∶ 𝑁 → [0,1] from a non empty set N is a fuzzy subset of N. A fuzzy relation 𝑟 on 

the fuzzy subset 𝑚 , is a fuzzy subset of N × N . The fuzzy relation 𝑟 is assumed as 

symmetric and N is assumed as finite non empty set. Following definitions are from [1-4]. 

Definition 2.1: Suppose N is the underlying set. A fuzzy graph is a pair of functions F: (𝑚, 𝑟) 

where fuzzy subset   𝑚 : N   →[0,1], the fuzzy relation r on 𝑚   is denoted by 

𝑟 : N × N  →[0,1], such that for all  a, 𝑏 ∈   𝑁, we have  𝑟(𝑎, 𝑏) ≤ 𝑚(𝑎) ∧ 𝑚(𝑏)  where ∧ 

stands minimum. 

F*: (𝑚∗, 𝑟∗)  denotes the underlying crisp graph of a fuzzy graph F : (𝑚, 𝑟)   where                    

𝑚∗ = {𝑎 ∈ 𝑁 𝑚(𝑎)⁄ > 0}   and 𝑟∗ = {(𝑎, 𝑏) ∈ 𝑁 × 𝑁 𝑟(𝑎, 𝑏)⁄ > 0} . The nodes a and b are 

known as neighbours if 𝑟(𝑎, 𝑏) > 0. 

Throughout this article F :(𝑚, 𝑟) is taken to be fuzzy graph F with underlying non empty set N.  

Definition 2.2.: A fuzzy graph F :(𝑚, 𝑟) is a strong fuzzy graph if 𝑟(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) 

for all (𝑎, 𝑏) ∈ 𝑟∗ and F :(𝑚, 𝑟) is called complete if 𝑟(𝑎, 𝑏) = 𝑚(a) ∧ 𝑚(b) for all a,b in 𝑚*.  

Definition 2.3: Let F :(𝑚, 𝑟) be a fuzzy graph, Its complement is defined as �̅�: (�̅�, �̅�)where 

�̅� = 𝑚 and �̅�(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) - 𝑟(𝑎, 𝑏) for all 𝑎, 𝑏 ∈ 𝑁. 

Definition 2.4: The 𝜇 −complement of a fuzzy graph F : (𝑚, 𝑟)  is a fuzzy graph  𝐹𝜇: (𝑚, 𝑟𝜇) 

where 𝑟𝜇 is defined as   𝑟𝜇(𝑎, 𝑏) = 0  if 𝑟(𝑎, 𝑏) = 0 and 

𝑟𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏) if 𝑟(𝑎, 𝑏) > 0 for all  𝑎, 𝑏 ∈ 𝑚∗. 

 

3. WEAK FUZZY GRAPHS 

Definition 3.1: A fuzzy graph F :(𝑚, 𝑟) is a weak fuzzy graph if 𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏), 

for all (𝑎, 𝑏) ∈ 𝑟∗. 

The definition of weak fuzzy graph ensures that the “flows” or “capacities” through the links is 

always less than the minimum “flows” or “capacities” in the respective nodes. The set of fuzzy 
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graphs is considered as the union of mutually disjoint three subsets – (i) The set of strong fuzzy 

graphs,(ii) The set of weak fuzzy graphs and(iii) The set of neither strong nor weak fuzzy graphs.  

Example 3.1: The following graph illustrates a weak fuzzy graph. 

 

4. SOME PROPERTIES OF WEAK FUZZY GRAPHS 

1. The union of two weak fuzzy graphs is a weak fuzzy graph. 

2. The spanning subgraph of a weak fuzzy graph is a weak fuzzy graph. 

3. A weak fuzzy subgraph can be formed from every strong fuzzy graph 𝐻: (𝑚, 𝜏). 

Theorem 4.1. The union of two weak fuzzy graphs is a weak fuzzy graph. 

Proof. Let  𝐹1: (𝑚1, 𝑟1) and  𝐹2: (𝑚2, 𝑟2) be two weak fuzzy graphs with the underlying crisp 

graphs F1
*: (𝑁1,𝑋1) and F2

*: (𝑁2, 𝑋2) respectively. The union 𝐹: (𝑚1 ∪ 𝑚2, 𝑟1 ∪ 𝑟2) is defined by 

(𝑚1 ∪ 𝑚2)(𝑎) = 𝑚1(𝑎) if  𝑎 ∈ 𝑁1 − 𝑁2. 

(𝑚1 ∪ 𝑚2)(𝑎) = 𝑚2(𝑎) if  𝑎 ∈ 𝑁2 − 𝑁1  , and 

(𝑚1 ∪ 𝑚2)(𝑎) = max{ 𝑚1(𝑎), 𝑚2(𝑎)} if 𝑎 ∈ 𝑁1 ∩ 𝑁2. 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟1(𝑎, 𝑏) if ( 𝑎, 𝑏) ∈ 𝑋1 − 𝑋2. 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟2(𝑎, 𝑏) if  (𝑎, 𝑏) ∈ 𝑋2 − 𝑋1  , and 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = max{𝑟1(𝑎, 𝑏), 𝑟2(𝑎, 𝑏)} if  (𝑎, 𝑏) ∈ 𝑋1 ∩ 𝑋2. 

To prove that 𝐹: (𝑚1 ∪ 𝑚2, 𝑟1 ∪ 𝑟2) is a weak fuzzy graph, it is enough to prove that  

 (𝑟1 ∪ 𝑟2)(𝑎, 𝑏) < ((𝑚1 ∪ 𝑚2)(𝑎) ∧ (𝑚1 ∪ 𝑚2)(𝑏)) for all (𝑎, 𝑏) ∈ (𝑟1 ∪ 𝑟2)∗ 

 0.6 
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Case 1: When  (𝑎, 𝑏) ∈ 𝑋1 − 𝑋2 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟1(𝑎, 𝑏) < 𝑚1(𝑎) ∧ 𝑚1(𝑏).   Since  𝐹1: (𝑚1, 𝑟1) is a weak fuzzy graph 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟1(𝑎, 𝑏) < 𝑚1(𝑎) ∧ 𝑚1(𝑏) < ((𝑚1 ∪ 𝑚2)(𝑎) ∧ (𝑚1 ∪ 𝑚2)(𝑏)).  

Since 𝑚2(𝑎) = 0 for all 𝑎 ∈ 𝑁1 − 𝑁2. 

Case 2: When  (𝑎, 𝑏) ∈ 𝑋2 − 𝑋1   

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟2(𝑎, 𝑏) < 𝑚2(𝑎) ∧ 𝑚2(𝑏) .Since 𝐹2: (𝑚2, 𝑟2) is a weak fuzzy graph 

(𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = 𝑟2(𝑎, 𝑏) < 𝑚2(𝑎) ∧ 𝑚2(𝑏)  < ((𝑚1 ∪ 𝑚2)(𝑎) ∧ (𝑚1 ∪ 𝑚2)(𝑏)).  

Since 𝑚1(𝑎) = 0 for all 𝑎 ∈ 𝑁2 − 𝑁1. 

Case 3: When  (𝑎, 𝑏) ∈ 𝑋1 ∩ 𝑋2 

Since  𝐹1: (𝑚1, 𝑟1) and  𝐹2: (𝑚2, 𝑟2) are weak fuzzy graphs, 𝑟1(𝑎, 𝑏) < 𝑚1(𝑎) ∧ 𝑚1(𝑏)    and  

𝑟2(𝑎, 𝑏) < 𝑚2(𝑎) ∧ 𝑚2(𝑏) . 

Hence  max {𝑟1(𝑎, 𝑏), 𝑟2(𝑎, 𝑏)} < max{𝑚1(𝑎) ∧ 𝑚1(𝑏), 𝑚2(𝑎) ∧ 𝑚2(𝑏)} 

Therefore (𝑟1 ∪ 𝑟2)(𝑎, 𝑏) = max{𝑟1(𝑎, 𝑏), 𝑟2(𝑎, 𝑏)} < max{𝑚1(𝑎) ∧ 𝑚1(𝑏), 𝑚2(𝑎) ∧ 𝑚2(𝑏)} 

< (max{𝑚1(𝑎), 𝑚2(𝑎)} ∧ max{𝑚1(𝑏), 𝑚2(𝑏)}) 

In all cases   (𝑟1 ∪ 𝑟2)(𝑎, 𝑏) < ((𝑚1 ∪ 𝑚2)(𝑎) ∧ (𝑚1 ∪ 𝑚2)(𝑏))for all (𝑎, 𝑏) ∈ (𝑟1 ∪ 𝑟2)∗. 

The above theorem implies that the set of weak fuzzy graphs is closed under union. 

Theorem 4.2. The spanning subgraph of a weak fuzzy graph is a weak fuzzy graph. 

Proof. Let fuzzy graph H : (𝜏, 𝜌)be a spanning subgraph of a weak fuzzy graph F : (𝑚, 𝑟). 

By the definition of spanning fuzzy subgraph  𝜏(𝑢) = 𝑚(𝑎)for all 𝑎 ∈  𝑚∗  and 

𝜌(𝑎, 𝑏) ≤ 𝑟(𝑎, 𝑏) for all 𝑎, 𝑏 ∈ 𝑚∗. 

To prove that  𝜌(𝑎, 𝑏) < 𝜏(𝑎) ∧ 𝜏(𝑏)  for all  (𝑎, 𝑏) ∈ 𝜌∗. 

Since F:(𝑚, 𝑟) is a weak fuzzy graph   𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏)  for all (𝑎, 𝑏) ∈ 𝑟∗. 

Now    𝜌(𝑎, 𝑏) ≤ 𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) = 𝜏(𝑎) ∧ 𝜏(𝑏)  for all  (𝑎, 𝑏) ∈ 𝑟∗. 

Therefore  𝜌(𝑎, 𝑏) < 𝜏(𝑎) ∧ 𝜏(𝑏) for all (𝑎, 𝑏) ∈ 𝜌∗.  

Theorem 4.3. A weak fuzzy subgraph can be formed from every strong fuzzy graph 𝐻: (𝑚, 𝜏). 

Proof.  Let 𝐻: (𝑚, 𝜏)  be a strong fuzzy graph. Control the flow through the links such that 

 𝑟(𝑎, 𝑏) = 𝜏(𝑎, 𝑏) − 휀 , for every 𝜏(𝑎, 𝑏) > 0  ,where  휀  is fixed real number such that               
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휀 ∈  (0,min {𝜏(𝑎, 𝑏) ∕ 𝜏(𝑎, 𝑏) > 0})  .Let F: (𝑚, 𝑟) be the resulting subgraph. In F: (𝑚, 𝑟)  

𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏)  for all (𝑎, 𝑏) ∈ 𝑟∗ .Now F: (𝑚, 𝑟) is a weak fuzzy subgraph of 

𝐻: (𝑚, 𝜏). 

 

5. OUTPUTS OF ACTIONS OF COMPLEMENTS ON WEAK FUZZY GRAPHS 

1. The action of complement on a weak fuzzy graph gives a weak fuzzy graph iff every pair of  

  nodes are neighbours. 

2. If every pair of nodes of a fuzzy graph are not neighbours then the action of complement on a   

  weak fuzzy graph gives either a strong fuzzy graph or a fuzzy graph which is neither strong         

  nor weak. 

3. The action of complement on a complete fuzzy graph gives a weak fuzzy graph where no pair  

  of nodes are neighbors. 

4. The fuzzy graph F ∶  (𝑚, 𝑟)such that 𝑚(𝑎, 𝑏) =
1

2
(𝑚 (a)∧ 𝑚 (b)) for all for all a,b in 𝑚*   

  is a weak self complementary fuzzy graph. 

5. The action of 𝜇 −complement on a weak fuzzy graph gives a weak fuzzy graph. 

6. Law of double complementation. If F is a weak fuzzy graph then (𝐹𝜇)𝜇= F . 

7. The action of 𝜇 −complement on a strong fuzzy graph gives a weak fuzzy graph having  

  isolated nodes. 

Theorem 5.1. The action of complement on a weak fuzzy graph gives a weak fuzzy graph iff 

every pair of nodes are neighbours. 

Proof. Suppose the complement of a weak fuzzy graph is a weak fuzzy graph.                                            

We have to show that 𝑟(𝑎, 𝑏) > 0 for all a,b in 𝑚*.Since the complement of the weak fuzzy 

graph is weak, 𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ <  𝑚 (a)∧ 𝑚(b) for all a,b in 𝑚*.                                                      

Therefore  𝑟(𝑎, 𝑏) = (𝑟(𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅) ⃐                 = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎. 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ > 0 , for all a,b in 𝑚*.                                                                                             

 If every pair of nodes are not neighbours, there will be some links  with 𝑟(𝑎, 𝑏) = 0, 𝑚(𝑎) =

휀 ,  𝑚(𝑏) = 𝛿  where 휀 , 𝛿 ∈ (0,1]. Now as per the definition of complement              

𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅= min {휀, 𝛿} − 0 = min {휀, 𝛿}which is either 𝑚(𝑎) o𝑟 𝑚(𝑏).Hence the complement 
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fails to become a weak fuzzy graph. 

Theorem 5.2. If every pair of nodes of a fuzzy graph are not neighbours then the action of 

complement on a weak fuzzy graph gives either a strong fuzzy graph or a fuzzy graph which is 

neither strong nor weak. 

Proof. Suppose every pair of nodes of a fuzzy graph are not neighbours. Then there exists three 

types of links. 

Case 1: Absent links. i.e, links are such that 𝑟(𝑎, 𝑏) = 0 . 

In this case  𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅= min {휀, 𝛿}- 0 = min{휀, 𝛿} which is either 𝑚(a) o𝑟 𝑚(b)  for all a,b 

in 𝑚* . In this case the complement is a strong fuzzy graph. 

Case 2: Some absent and some active links. i.e, the links are such that  

2.1  𝑟(𝑎, 𝑏) = 0 for some a,b in 𝑚*  and                                                                                                            

2.2 𝑟(𝑎, 𝑏) > 0 for some a,b in 𝑚*   

In the case 2.1, By the definition of complement, 𝑟(𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ =  𝑚(a) ∧ 𝑚 (b)                                                 

In the case 2.2, Let  𝑟(𝑎, 𝑏) = 휀, where 휀 ∈ (0, 𝑚(a) ∧ 𝑚 (b)).                                                                                                                                                                                                                   

𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ =  𝑚(a) ∧ 𝑚 (b) - 휀 < 𝑚(a) ∧ 𝑚(b). In Case 2, flow allowed in various links shows that 

the complement is neither a strong fuzzy graph nor a weak fuzzy graph.  

Theorem 5.3. The action of complement on a complete fuzzy graph gives a weak fuzzy graph 

where no pair of nodes are neighbors. 

Proof. If the fuzzy graph is complete then 𝑟(𝑎, 𝑏) = 𝑚(a)∧ 𝑚(b) for all a,b in 𝑚*, then 

𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ =  𝑚(a)∧ 𝑚(b) - 𝑟(𝑎, 𝑏) = 𝑚(a) ∧ 𝑚(b) - 𝑚(a)∧ 𝑚(b) = 0 for all a,b in 𝑚*. 

Theorem 5.4. The fuzzy graph 𝐹: (𝑚, 𝑟) such that 𝑟(𝑎, 𝑏) =
1

2
(𝑚(a) ∧ 𝑚(b)) for all for all a,b 

in 𝑚* is a weak self complementary fuzzy graph. 

Proof. If 𝐹: (𝑚, 𝑟)is such that 𝑟(𝑎, 𝑏) =
1

2
(𝑚(a)∧ 𝑚(b)) for all for all a,b in 𝑚* then  

𝑟(𝑎, 𝑏) =
1

2
(𝑚(a)∧ 𝑚(b))<  𝑚(a) ∧ 𝑚(b) for all a,b in 𝑚*.So F is a weak fuzzy graph. 

Now  𝑟 (𝑎, 𝑏)̅̅ ̅̅ ̅̅ ̅̅ ̅ =  𝑚(a) ∧ 𝑚(b) - 
1

2
(𝑚(𝑎) ∧ 𝑚(𝑏)) =

1

2
(𝑚(𝑎) ∧ 𝑚(𝑏)) =  𝑟(𝑎, 𝑏).  

Therefore F is self complementary fuzzy graph. 



3600 

A. PRASANNA, T.M. NISHAD 

Theorem 5.5. The action of 𝜇 −complement on a weak fuzzy graph gives a weak fuzzy graph. 

Proof.  Let 𝐹𝜇: (𝑚, 𝑟𝜇)be the 𝜇 −complement of a weak fuzzy graph F: (𝑚, 𝑟) 

where  𝑟𝜇 is defined as. 

𝑟𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏) if 𝑟(𝑎, 𝑏) > 0 for all  𝑎, 𝑏 ∈ 𝑚∗ → (1) 

and  𝑟𝜇(𝑎, 𝑏) = 0  if 𝑟(𝑎, 𝑏) = 0 → (2) 

Since F:(𝑚, 𝑟) is a weak fuzzy graph 𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) for all (𝑎, 𝑏) ∈ 𝑟∗ → (3) 

To prove that 𝐹𝜇: (𝑚, 𝑟𝜇) is a weak fuzzy graph, it is enough to prove 

𝑟𝜇(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) for all (𝑎, 𝑏) ∈ 𝑟𝜇∗
 

Case 1.  Let  (𝑎, 𝑏) ∈ 𝑟𝜇∗, such that   𝑟(𝑎, 𝑏) > 0 .Then by the equations (1) and(3) 

𝑟𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) 

Case 2.  Let (𝑎, 𝑏) ∈ 𝑟𝜇∗, such that  𝑟(𝑎, 𝑏) = 0 .Then by the equation (2),   𝑟𝜇(𝑎, 𝑏) = 0   

Therefore in both cases  𝑟𝜇(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏)for all (𝑎, 𝑏) ∈ 𝑟𝜇∗
. Hence the proof. 

The above theorem implies that the set of weak fuzzy graphs is closed under 

𝜇 −complementation. 

Theorem 5.6. If F is a weak fuzzy graph then (𝐹𝜇)𝜇 = F. 

Proof. Let 𝐹𝜇: (𝑚, 𝑟𝜇) be the 𝜇 −complement of F: (𝑚, 𝑟).                                                                                 

Since F: (𝑚, 𝑟) is a weak fuzzy graph,𝑟(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) for all (𝑎, 𝑏) ∈ 𝑟∗. 

We shall consider two cases.                                                                                                                             

Case 1. For all (𝑎, 𝑏) ∈ 𝑟∗. As per definition of 𝑟∗,   𝑟(𝑎, 𝑏) > 0 .                                                                                                                  

In this case   𝑟𝜇(𝑎, 𝑏) < 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏) .               

(𝑟𝜇)𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − (𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏))

= 𝑟(𝑎, 𝑏)   

Case 2. For all (𝑎, 𝑏) ∉ 𝑟∗. As per definition of 𝑟∗, 𝑟(𝑎, 𝑏) = 0.  

Here 𝑟𝜇(𝑎, 𝑏) = 0  and (𝑟𝜇)𝜇(𝑎, 𝑏) = 0.   

The above theorem implies that the set of weak fuzzy graphs hold the law of double 

complementation with respect to 𝜇 −complement. 

Theorem 5.7. The action of 𝜇 −complement on a strong fuzzy graph gives a weak fuzzy graph 
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having isolated nodes. 

Proof. Let 𝐹𝜇: (𝑚, 𝑟𝜇) be the 𝜇 − complement of strong fuzzy graph  F: (𝑚, 𝑟).                                                                                 

Since F:(𝑚, 𝑟) is a strong fuzzy graph, 𝑟(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) for all (𝑎, 𝑏) ∈ 𝑟∗.  

Then for all (𝑎, 𝑏) ∈ 𝑟∗, 

 𝑟𝜇(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑟(𝑎, 𝑏) = 𝑚(𝑎) ∧ 𝑚(𝑏) − 𝑚(𝑎) ∧ 𝑚(𝑏) = 0. For all (𝑎, 𝑏) ∉ 𝑟∗ ,  

𝑟(𝑎, 𝑏) = 0. Here 𝑟𝜇(𝑎, 𝑏) = 0  and (𝑟𝜇)𝜇(𝑎, 𝑏) = 0.  This implies that in the resulting fuzzy 

graph all the links are absent and so it is a weak fuzzy graph having isolated nodes. 

 

6. CONCLUSION 

In this article “weak fuzzy graph” is introduced. It is proved that the set of weak fuzzy graphs is 

closed under union and 𝜇 −complementation. Some properties of weak fuzzy graphs and the 

outputs of actions of complements on weak fuzzy graphs is also discovered. 

 

CONFLICT OF INTERESTS 

The author(s) declare that there is no conflict of interests. 

 

REFERENCES 

[1] L.A. Zadeh, Fuzzy sets, Inform. Control. 8 (1965), 338-353. 

[2] A. Rosenfeld, Fuzzy graphs, in: Fuzzy Sets and Their Applications to Cognitive and Decision Processes, 

Academic Press, New York 1975. 

[3] M.S. Sunitha, A. Vijayakumar, Complement of fuzzy graphs, Indian J. Pure Appl. Math. 33(9) (2002), 

1451-1464. 

[4] A. Nagoorgani, V.T. Chandrasekaran, Free nodes and busy nodes of a fuzzy graph. East Asian Math. J. 22 

(2006), 163-170.  

[5] A. Prasanna, T.M. Nishad, Weak Fuzzy graphs and some complement properties of weak fuzzy graphs, Int. 

Conf. Sci. Comput. ICSC, 2021. 


